
C(X) A algubm = ((X)

↑ centers constants

Sautes Giran MIXzEX XIEM

paints. [
there exists f A uIf f(xL+f(z)

F= C(x)
.

u

Stane - Weiestass
↳ compact [0, 13

[a , b]

([-+ ,] - ↓
- Mare



C [0 , 17 What ore the
compact subsets?

&metric space complete+ totally banded
-

↓
closed subsets because icomplete

total ally banded.

fr (f)
fa:

Y Il fa-fello 1
I=
A Ilfr-fullor 1

=m



Recall : a space is totally branded of every sequence

in if has a Comedy subsequence
.

[The sequence just given has no curdy subsequence

and hance the banded collection StaineINT
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Suppose X is a metric
space and (n)

is a sequence in X suah that &(xsta) m

for some mis O and all n M
.

Then (x) has no Loucly subsequence .

Suppose not and let tr be Candy.



Then there exists K such that if kil, K

then & (xnxsYre)< A. In particular

d(Xras
,

) < which contradicts

the fact But danks &mpti) u .
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Defi Let X be a metric space. A collection & = C(X)

is continuous if for every 230 there exists

530 such that fou all x
, yeX with d(x,)<8 and

for all f = i If(x)-f(e)) < E
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If I has just one faction
,
than thus is nothing

more than miform continuity
,

If A is a
finite collection of uniforly continues functions

Mon it is equicontinuous ,

-
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- K = E
.
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bandedness and equicentially are independent [0, 1]
↓
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totally bonded -> bounded

totally bande -> equicentially (C(X) X is spot.)



Prop : Let X be compact , Evey totally banded subset ACC(X)
is equicaltinous .

Pf : Let 220 · Let Et
...., fr3 be on a not

for As
.

The family fuls consits of uniformly
continues functions Since X is compact

,
and since the

collection is finite it is equicontinues . So we

can find 220 such that if x
,z
- X ad d(x

,z) < 5

thun &(fic(x), fx(z))< for kil, ..., no

Now pack f #
.
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.



Then 1 f(x) - f(z)) ->/f(x) - fic()) + (f)- fx(z))
+(f) z) - f(z))

- + - a
↳ finitely way kis .

= 34
.
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C(X) with X compact

totally banded -> uniformly banded , equications

-> portwise banded, equicentimes
-



p . b . => Fx =X there exists M /dependers on a)
such that If (A) * M for all fo A

.

f(x)= x on 5ft
=((x)

X space A is unfundy bard if is M

such that If(x)/IM Oft#
↓x+X
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